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CTPYKTYPA CUCTEM OPTOITPOEKTOPIB,
MHOB’A3AHUX 31 3JITYEHHUMU JEPEBAMU KOKCTEPA

The paper is devoted to the investigation of representations of Temperley —Lieb-type algebras generated by orthogonal
projections connected with countable Coxeter trees. The theorem on the structure of these systems orthogonal projections
is proved. Some examples are presented.

Hccnenytores npencrapiaeHus anredp tuma Temmepnu —JInba, KOTOpble TOPOXKACHBI OPTOMPOEKTOPAMBI, CBI3aHHBIMU CO
cueTHbIMU JepeBbiMu Kokcrepa. Jloka3aHa Teopema, ONUCHIBAIOLIAA CTPYKTYPY TaKUX CUCTEM OPTOIPOEKTOPOB, U IPUBE-
JICHBI IPIMEPHI.

1. Beryn. Busuenns cucrem mignpocropis S = (H; Hy, ..., H,) riaebeproBoro mpocropy H €
B)XJIMBOIO 33/1a4€10 (PYHKLIOHAJIBHOTO aHaji3y Ta MaTeMaTudHoi i3k, sSKili HpUCBAYEHO Oarato
myOnikariit (auB., Hanpukian, [1—3].) 3okpema, y [2] BUBUANKCSA CHCTEMH MiAMPOCTOPIB (CHCTEMHU
OPTOIIPOEKTOPIB), IO TIOB’SI3YBAITUCS 31 3B’ I3HUMH HEOPIEHTOBAaHNUMH CKIHUCHHUMU TpadaMu (B TOMY
yucni 3 rpadamu Kokcrepa).

V naHiii CTaTTi BUBYAETHCS CTPYKTYPa HE3BiIHUX 3TIYEHHUX CHCTEM Tianpoctopis { Hy } rinsbep-
TOBOTO KOMITJIEKCHOTO TpocTopy H, Axi moB’s3aHi 31 3miueHEnMu aepeBamu Kokcrepa I' 1 mapame-
tpoMm 7 € (0, 1), KoXKHa IMapa MiAIPOCTOPIB € OPTOTOHAIBHOO 200 3 ikcoBaHHM KyToM 0 < ¢ < g
MK HUMH, SIKUE BU3Ha4daeTbes mapameTpoM 7 Ta rpadom I' (m.2). 3a 10momMoror OpTOmpoeKTo-
piB P, = Py, ta P; = Py, ymM0Ba OpTOroHaJbHOCTI miAnpocTopis H; Ta H; 3amucyerscs sk
P;P; = P;P; = 0, a yMoBa WIONO KyTa MK HUMH ¢;; (T;; = cos¢;j) — Ak P PP = TZ-QjR‘,
PjPiP; = 1} P;.

Mu onucyeMO MHOXXUHY MapaMeTpiB T, AJsl SKUX ICHYIOTb Taki HEHYJbOBI HE3BiJHI CHCTEMH
OPTONPOEKTOPIB, Ta CTPYKTYPY TAaKHUX CHCTeM (1. 3), a TaKOXX HABOAWMO HPHUKIIAIN CUCTEM OPTOIPO-
€KTOpIB, OB’ A3aHUX 31 3MiYeHHUMH AepeBaMu Kokcrepa (1. 4).

2. IlocTtanoBka 3agadi. 2.1. 3niuenni depesa Koxcmepa. 1lpu nociimkeHHi CKIHUCHHUX CHCTEM
OpTONpPOEKTOpiB (MB. [2] Ta Ta HaBeneHY TaM 0i0iorpadito) BUKOPUCTOBYETHCS CIIEKTpaibHA TEOpist
CKiHYeHHUX TpadiB (IuB., HaNpHKIamd, [4, 5]) Ta ckinuenHux rpadis Kokcrepa (mus. [6, 7]).

Ilpu mocnimkeHHI 3JIIYEHHUX CHUCTEM OPTOIMPOEKTOPIiB OyleMO BHKOPHCTOBYBAaTH CIIEKTPAIbHY
TEOpiro 3IiYeHHUX rpadis (qus. [8—11]).

Haragaemo nHeoOximni o3HaueHHs. [lim TepmiHoM ,rpad” MH PO3yMIEMO BIOPSIKOBAaHY IMapy
(V,R), B skiii V — pesika HEMOPOXXHS MHOXHMHA (MHOKMHA BEpIIMH) i R — MHOXHHA, IO CKJIa-
JIA€THCS 3 HEBIIOPSAAKOBAHUX Iap pi3HUX eneMeHTiB V' (MHOXuHa pebep), TOOTO MH PO3IISAIaEMO
HeopieHToBaHi rpadu 6e3 KpaTHUX pedep Ta MeTensb.

I'padom Koxkcrepa I' nasuBaemo mapy (I, f), B skiit I' — rpad i f — BimoOpaxkeHHS MHOXHHH
pebep nporo rpada I' B MHOXKHHY, IO CKJIAJAETHCS 3 CUMBOJIY OO 1 HAaTypaJbHUX UYHUCEN, CTPOTO
6impmmx 3a 2. bygemo kasarw, mo rpad I' migmopsinkoBanmit rpady Kokcrepa I' = (T, f). Hdus
MpOCTOTH cripuiiMaHHs rpad Kokcrepa mogactu mpeacTaBisioTh CXEMOIO, 1110 300paxye IiIIOPs KO-
BaHUi rpad), NPUIMUCYIOUH IIe HaJl KOKHUM peOpoM e 4ncio f(e), sike HA3UBaTUMEMO ,,I03HAYKOI0”
Ha peOpi. [IpuifHATO MpOITyCKaTH MPHUIMCYBaHHS Ha pedpax uucia 3, 1 Taki pedpa OyaemMo Ha3uBaTH
HENO3HAYEHUMH, a pedpa 3 MO3HAYKOI0, 0 Oubla abo JOPIBHIOE 4, — IMO3HAYCHUMHU.
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3aysasrncennn 1. 3Buuaiini rpadu € migmMHOKHHOIO TpadiB Kokcrepa, mis Hux QyHkuis f — me
BifoOpaskeHHs B unciio 3. Mu HasuBaemo rpad Kokcrepa npocto rpagom, SKIIO 3 KOHTEKCTY 3p03yMi-
710, o Haetses npo rpadu Kokcrepa. /g mosnauenns rpagis Kokcrepa OymeMo BUKOPHCTOBYBATH
HAIIBKUPHUHN TIPUPT.

3ayearxcenna 2. bynemo HazuBatu rpad Kokcrepa 3B’SI3HUM, JepeBOM, IUKIOM 1 T.II., SIKIIO
i IIOPSIKOBAHUN rpad 3aI0BOJIBHSE I1i BIACTHBOCTI.

3nivennum epagom Koxcmepa nazusaroth rpad Kokcrepa 31 37Mi4eHHOI0 MHOKHHOIO BEPIIHH, a
aniuennum oepesom Kokcmepa — 3B’ s13HuM 3miuenHui rpad Kokcrepa 6e3 UKITIB.

3agikcyemo MopsiIoK, B sikoMy OyaeMo posrisiaaty Bepunay rpada Kokerepa. 3 koxxHUM rpadom

I' = (I, f) Ta nOpsiKOM BEPIIMH [OB’A3YI0Th Mampuyto cymigicrocmi Ar = (aij);;—q, ne n = |T|
7r

o ((i,)) =
a;j = 2, sxkmo f((i,7)) = 00, 1 a;; = 0, AKIIO BEPIIMHY  Ta j HE CIOIy4YeHi PeOPOM.

Takum uynHOM, A — IIe CUMETPHYHA JifiCHA MaTPHIA 3 HYJIAMH Ha TOJOBHIN fiaroHani. SKmio
rpad I' ckinuennwuii, To6To |V| < 00, To Ar € KBagparHO Marpuiero mopsaaky |V |. s 3mideHHnx

— IIOTYKHICTh MHOKUHU BepunH rpada I', a enementu marpuni a;; = 2 cos

rpadiB I' Mmarpunis Ar € HECKIHYEHHOIO BIPABO i BHU3. BUIISI MaTpuIli CyMiXKHOCTI 3aJI€KUTh Bij
HOPSIIKY, B SIKOMY PO3IVISIAIOTHCS BepIIMHU. OJHAaK MaTpHLi CyMIKHOCTI OTHOT'O 1 TOTO X rpada npu
pi3HUX HyMepallisiX BepIlINH YHITaApHO €KBIBaJICHTHI.

Ockinbku Marpuis cyMixkHOCTI Ar ckinyennoro rpada I' cumerpuuna (a;; = aj;), To ii BiacHi
3Ha4YeHHs € AificHuMu. [lo3HaunMo BiacHi 3HadyeHHs Matpuni Ar depes A;, ¢ = 1,...,n, Ta po3ra-
IIYEMO iX Y HE3pOCTAIOUOMY MOPSIAKY Ar = A1 > Ao > ... > \,. HailiGinbme BracHe 3HaYeHHS Ap
Ha3WBAIOTh iHOexcom Tpada I.

Hexait I' = (T, f) — rpad Kokcrepa. I'pad I'y = (T'y, f1) HasuBaerses nioepaghom rpada T' =
(T, f), sixwo I'y — miarpad I' i s gosineHOTO pebpa e rpada I'y mae micue HepiBHICTB fi(e) <
< f(e) (BBaxkaemo, 1o oo > n, e n — JOBUIbHE HATypalbHE YUCIIO b0 CHMBOI 00).

Yepes Fin(I') mo3HaunMo MHOXHUHY BCiX CKiH4YeHHHX miarpadis rpada I'.

[oHATTS iHAEKCY MOLIMPIOETHCS Ha 31i4ueHHI rpadu Kokcrepa TakuM 4uHOM.

Osnavennsi 1. [noexcom 3nivennoeo epagpa Koxcmepa Ha3usaemscs 000amue 4ucio abo cumeoi

00, BUZHAYEHI PIBHICINIO
indI' = sup indG.
GeFin(T)

Hani Gymemo posrmsimary numre taki 38°s3Hi rpadu ' = (Vp, Rp), mo cremeHi BCiX BEpIINH
piBHOMIpHO 0OMexeHi: Vv € Vi deg v < ¢ < 00 I IEAKOTO HATypaJIbHOTO YHCIA C.

3ayBaxkumo, mo B 1poMmy Bumaiky indI' < oo Tta indI' = ||Ar||, ze Ar : [2(C) — [5(C)
po3IsAAAEThCS SIK 0OMEXKEHUI caMOCIIPSIKEeHUH OoTeparop, 3aaHnii MaTpueto cyMikHocTi rpada I

2.2. Cucmemu opmonpoexmopis. Ilos’sokemo 3i 3mivenanm rpadom Kokcrepa I' = (T, f)
ta mapametpom 7 € (0, 1) HaGip oprompoextopiB { Py} rinebepToBOro KOMILIEKCHOTO mpoctopy H
TaKUM YMHOM: KO)KHIH BepIuHi Tpada vy € Vi mocTaBUMO y BiIIOBITHICTE OpTONpOeKTop P Taxk,
100 BUKOHYBAJINCh YMOBH

P,PjP;=1P,,  P,P,Pj=t1;P;, sxmo (i,j)€ Rr,
(1)
P,P; = PjP; =0, sxmo (i,5)¢ Rr.

.. ™ .o
ITapameTpH T;; 3a1aI0ThCS CITiBBIIHOMICHHAMH Tj; = TCOST—, Kie kij = f((3,7)).
ij
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Takuii Habip OPTONPOEKTOPIB € 300paKEHHAM Yy TUILOEpPTOBOMY mpocTopi H *-anrebpu

TLrs.=C(pi, i € Vilp? = pf = pis i € Vs

PiDjpi = Tfjpi, (4,9) € Rr, pip; = pjpi = 0,(i,7) ¢ RF>'

Y nosnavenni anredpu 1'Lr | nitepun T'L BukopucTano B uecth Qisukis H. N. V. Temperley Ta
E. H. Lieb’a, axi y po6oTti [1]y 3B’s3Ky 3 BUBUEHHIM MOJIENEH CTAaTUCTHYHOI (DI3UKH BBEJH areopu
(CTIiBBIIHOIICHHS B TaKUX ajreOpax 3aJaroThCs JTAHIFOKKOM Aj,)

TLAn,T:(C<p17"'apn|p12:p;:p% Z:Lana
pipjpi = Tpi, i —jl =1, pipj = pjpis i — j| > 1).

VY3araneHeni anreOpu Temnepmi —JIi0a, moB’sa3aHi 31 ckinueHHNMH rpadamu I', BuBIamucs y pobo-
Ti [12]. CumBon L y nosHauyenHi anrebpu 1'Lr , | BKasye Ha Te, IO NPOEKTOPH, SKi BiANOBIIaIOTH
HE CyMDKHHM BepIInHaMm rpada, Ha BiIMiHY Bix y3arampHeHHX anreOp Temmepri-—Jliba € opToro-
HaJIbHUMH, aJie He KOMYTYIOTb.

VY Gararbox poborax (muB. 6i0morpadiro y [2]) BUBYAIUCSA 300paKEHHS *-anreOp, OB’ I3aHMUX 13
ckiHueHHUMH rpadamu G:

TLGr1 =C{pii€Vglp? =pf =pi, i€ Va;

DiPjPi = 7'219@'7 (27]) € RG7 bipj = Pjpi = 07 (7“7]> ¢ RG> .

MeToro 1aHOi poOOTH € OIHUC 3 TOYHICTIO IO YHITApHOI €KBiBAJCHTHOCTI HCHYJILOBUX HE3BIIHUX
CHCTEM OPTOIPOEKTOPIB, SIKi 3aI0BONBHAIOTH YMOBH (1).

Haramaemo, 1mo cucrema opronpoektopiB { Py} B H Ha3UBA€THCS HE36i0HOI0, SKIIO 3 YMOBH
KOMYTallii JIesikoro ooMexeHoro oneparopa C' 3 KOKHHUM i3 opTonpoektopis Py, BumuBae, mo C' = A/,
AreC.

JBi cuctemu opronpoekropis { Py} Ta { P} B H Ta H' Ha3UBalOTBCA yHImMapHo exgieaneHmuumi,
KO icHye yHiTapuuii oneparop U € B(H, H') taxuit, mo U(Hy) = Hj mns Beix k. Lis ymosa
BUKOHYETHCS TOAI 1 JIMIIIE TOMI, KOJM BUKOHAHO piBHOCTI U Pj = PIQU JUIA BCIX K.

3ayBaxxuMo, 10 SAKIIO Bci oprompoekrtopu FP; = 0, To ymoBHU (1) BUKOHYIOTBCS, TOMY anreOpa
TLy ;| 3aBXKIN Mae HyIbOBe 300paxeHHs m: mo(p;) = 0 ans Beix 4.

3. JlocnigskeHHs] CTPYKTYPH CHCTEM OPTONPOEKTOPiB.

Teopema. Hexaii epagp T' = (I, f) — sniuenne 36 ’sazne oepeéo Koxcmepa, mooi

1) ona 6cix 0 < 7 < iCHy€ €0UHA 3 MOYHICMIO 00 YHIMAPHOI eK8i6aIeHMHOCHI He38I0HA

HeHybosa cucmema opmonpoekmopie { Py}, sika 3a006onvnsic ymosu (1), npu ypomy dimlmPy, = 1
07151 KodICHO20 opmonpoexkmopa Py;
2

2) ona ecix T > HEeHYIbOBUX HEe38IOHUX CUCMEM OPMONPOEeKmOopis, AKI 3A00801bHAIOMb

) indI’

ymosu (1), He icHye.
JloBemeHHs TeopeMH po3i0’€MO Ha TPU YACTHHH, 110 MPEACTABIICH] Y BiIITOBIAHUX JIeMaX.
IMosnaunmo uepe3 Ar: l2(C) — I2(C) obmexeHnit caMOCIpsHKeHH OmepaTop, 3aJaHuil MaTpH-

uero Ar = (aj;); Marpuus Ar € Marpuiero cymixsocri rpada I
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A
Jlema 1. Onepamop Br, = I — TTF y npocmopi l2(C) € nesio emnum moodi i minvku mooi,

xomu 0 < 17 < - .
indI'
Hosedenns. Ockinbku indI' = ||Ar||, To cnekrp o(Ar) C [—indI',indI’| ta indI' € o(Ar).

Tomy
A[‘ indI’ indl’ . AI‘
) P S _ ) >
0<72>C[72,7’2] 1 O’(I 7'2)_0

TOAl ¥ TUIBKH TOmi, Ko 0 < 7 <

indI'”’
Jlema 2. Icuye edune, 3 moynicmio 00 YHIMAPHOI eKgi8aleHMHOCHI, He36I0He HeHYIbose 300pa-

aicennst aneeopu T'Ly - | npu 0 < 7 < - .
Y indI’
Hosedenna. 1. TloOymyemo croyaTKy OfiHE HEHYIIbOBE HE3BiHE 300paxeHHs anredpu I'Lr - |

mpu 0 < 7 < dD PosrstHemo rinb6eprosuii mpoctip lo(C) Ta BBeqeMo Ha HbOMY MiBTOpaTiHIdHY
in

A
dopmy (z,y) = (Brx,y),. Toni (e;,e;) = bi;, ne b;; enementn Marpuii Br, = I — 7‘71—‘ =
2
= (bij)ijevy- 3a nomepenusoro nemoro Vo € lo(C) (z,z) > 0mpu 0 < 7 < AT Sxmo dopma
in

(-,-) momaTHO BU3HaueHa, TO BBeneMo Ha mpoctopi lo(C) ckamsapuuit 1obytok (x,y) = (Br,z,Y),,
nonoBHUMO 1pocTip l2(C), orpumanuii riebeptiB npoctip no3nadnmo H..

V iHmomy Bumanky wepe3 H, mosHadumo Qaxrop—mpocTip moroBHeHoro mpocrtopy lo(C) mo
sapy dopmu (-, -).

3ayBaxxuMo, IO TiTEOEPTiB MpocTip H, € 3aMKHEHOIO JIIHIHHOK OOOJIOHKOIO CHCTEMH BEKTOPIB
{e;: i € Vr}, (MoxnuBoO, NiHINHO 3a1€KHUX), KOKEH 3 HUX Ma€ OIUHUYHY HOPMY, i MaTpuist Br ; €
Marpuuero ['paMa 1i€i cucteMu BEKTOpiB.

Busnauumo st kokHOro ¢ € Vi oprompoektop Pj: x — (z,€;)e;, © € H; Ha 0fHOBUMIpHUIA
MPOCTIp, MOPOPKEHUI BEeKTOpOoM e;. IlepeBipnMo, 10 TaKMM YWHOM BH3HAYEHI OpTONpPOEKTOpH F;
3a10BOJBHSIOTH YMOBH (1).

Sxmo (i,j) € Rp, 10 (ej,ej) = —7y5, tomi Vo € H,: PiPjPix = PiPj(z,e)e; =
= (x,ei)Pinei = (x, ei)R(ei,ej)ej = —(m,ei)PiTijej = —Tij(x,ei)(ej,ei)ei = 7'%(33,62')62' =
= T%Pix, 0010 PP P; = TZ%Pi.

Sxmo (i,5) ¢ Rr, 10 (ej,e5) = 0, Toni Vo € H, : PiPjxz = Pi(x,ej)e; = (x,ej)Piej =
= (z,¢;)(e;i,e5)e; = 0, To6TO PjP; = 0.

ITozHaunmo nolOynoBane 300paxeHHs x-anreopu 1Ly - | depes 7: w(p;) = P, i € Vp.

Hosenemo, 1o 300paxkeHHs1 m € He3BiAHUM. Hexait oOMexxeHuii omepatop C' KOMyTye 3 ycima
opronpoektopamu Py, tomi Cer, = CPrep, = PyCep = Mger, k € Vp ma mesxoro A\, € C.
Hexaii | = (k = jm, jm—1,---,J2,j1 = 1) — Halikopormmii nusx 3 Bepmunau 1 y Bepumny k. Toxi
sHainerbest p, € C\{0} Taxe, mo ey = ppPyPj,, . ... Pj,Pre1, Takum unHoM, Agep, = Ceyp =
= upPpPj,, ... Pj,PiICe1 = A\iey 1 Mu ozepkany, mo Bci \; piBHI Mix coboro, a orxe, C'—
CKAJIPHUI OIIepaTop.

2. JloBenemo, mo AOBiJIbHE HE3BiJHE HEHYJIHOBE 300paKeHHS 7 Y TLIHOEPTOBOMY IpocTOpi H
YHITapHO €KBiBaJIEHTE O3HAYEHOMY BHIIIE 300pakKeHHIO 7.

Crogatky TOKaKeMo, IO I OyIb-IKOTO HE3B1MHOTO HEHYIIHOBOTO 300pakeHHS 71 y TUTLOEPTO-
BOMY mpoctopi H 06pasu Bcix opromnpoekTopiB P; = 71 (p;), ¢ € Vi € OAHOBUMIpHUMH.
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Ockinbku {P;: i € Vi} — He3BiiHA HEHY/IbOBA CHCTEMA OPTOMPOEKTOPIB, TO B IIill CHCTEMI iCHY€
HEHYJILOBUII OPTOIPOEKTOp, Mo3HauuMmo Horo Pj,. Hexait x;, € H rakmii, mo P (x;,) = i, 1

||ziy|| = 1. Qs xoxuOi BepmmHK j € Vi iCHYe €QMHUI HAHKOPOTIIMH NUTX 3 j B dg : [(],ip) =
= (j =1i1,12,...,4m = io). [lokmagemo
m+1 1
T4 = (—1) Pz Pz'g R TR

TivioTigiz - Tim—_1im

Tonmi ||z;|| =1, 5 € Vr.
ITepeBipuMo, 10 3aMKHEHa JiHiiiHa 00O0JIOHKA CHCTeMH BEKTOpiB {z;: j € V'} € iHBapiaHTHOIO
BiHOCHO fii oprompoexropis {P;: i € V'}. PosmsiHemo aito P; Ha BekTopi
r; = (—1)™* ! PP, ... P, x;
i= g -+« Li Tig -

TivioTigiz - Tim_1im

Sxmo (i,j) ¢ Rr ta i # j, 10 P;P; = 0, tomy P,x; = 0; sxmo (i,5) ¢ Rr 1a i = j, TO
Pil’j = P,x; = x;. SIxmo (2,]) S RF, TO TO 200 7 = 79, a00 7 7& 9.
VY nepuioMy BUIAIKY
1
Pzj = Pyzj = (—=1)"" Py PiPiy Pig ... Py, iy =

Ti1iaTigiz « + * Tim—1im

1
- m+1 2 p p . . — Tp. — Feps
=(-1) — ——— T35, Lio Pig - PiTig = Tiy = T
T111271213 tet Tlmflzm

IUIS IEAKOTO T.

V npyromy BUNaaKy i # iz icHye gaHuor (i, i9) = (4,41 = J, 12, ..., im = ip), @ TOAI QHAIOTTIHO
Px; = Ux; nns neskoro v.

OrKe, 3aMKHEHa JIiHiHa 00OJIOHKA CUCTEMH BEKTOPiB {z;: j € Vp} e iHBapianTHHM migmpo-
CTOPOM, @ OCKIIBKH cucTeMa opronpoekTopiB {F;: ¢ € Vr} e He3BimHOM, TO BOHa 30iraeTsest 3 H i
0o0pa3u OpTONpPOeKTOpiB P; MOPOIKYIOThCS BEKTOPaMH X; BIAMOBIIHO.

Tenep nepeiigeMo 0 JOBEJCHHS YHITAPHOI €KBIBAJIEHTHOCTI 300paXKeHb 7 Ta .

Sxmo (4, 7) ¢ Rr, 1o (x;,xj)% = 0.

Skuo (7, j) € Rp,10a601(i,10) = (i = i1,92 = J,. .., 4m = 10),a00 (], i0) = (j = i1,i2 =1, ...
eyl = 10).

Hexaii 111 BU3HA4YeHOCTI BUKOHY€ETBCS IEpIIa PiBHICTb, TOOI &; = —T—B:Uj 1 MaeMo

ij

1 1 1
(@i, 2j)n = ——(Piwj, wj)n = ——(BiPjrj, Piwj)n = ——(PibiPjxj, 2j)n = —ij.
Tij Tij Tij
Takum unHOM, MaTpuls Br . € Marpuieto I'pama cuctemu BeKTopiB {z; : ¢ € Vp}, a Tomy 300paxe-
HHS 7] YHITapHO €KBiBaJICHTHE 300paKCHHIO 7.
Jlemy noseneno.

Jlema 3. Ilpu v > HeHYIboBUX *-300padicens aneebpa T'Lyt . | ne mace.

indI’
Hogedenna. IlpunycTuMo Bif CynpOTHBHOTO, o anrebpa 1'Lr |  Mac HEHYIbOBE *-300paKCHHS

7y TimsbeproBomy mpoctopi H mpu 7 > dT Toxi moxHa moOyayBaTH, K 1 y TONEPEAHBOMY J0-
in

BE/ICHHI, iIHBapiaHTHUHN T'UTLOEPTIB MiJIPOCTIp, IO TOPIBHIOE 3aMKHEHIH JiHIIHIA 000JIOHIII CUCTEMHU
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BekTopiB {z;, j € V}. Ane toni marpuns I'pama wmiei cucremn Bextopis Br, = I — TAr npu
2

T> He € HeBia eMHOI0. OfepKau CylepeyHicTh.

indI’

Jlemy nosezneHo.

4. Ilpuxnaagu. Hasexemo nmpuKiIagy 3aCTOCYBaHHS TEOPEMH 10 CUCTEM OPTONPOEKTOPIB, OB’ S-
3aHUX 3 PI3HUMH 3JTiUeHHUMH JiepeBamu Kokcrepa.

[To3Haunmo yepe3 X MHOXKWHY THX T, UIS IKHX ICHY€ HE3BIIHWH HEHYNNBbOBHUI Habip opTompo-
extopiB { Py }.

1. Inpexcu 3miueHHux rpadiB Ao, Az, Do, Boo mopiBHIOIOTE 2 (nuB. [11]), Tomi 3rigHo 3
TEOPEMOIO MAEMO XA = XA, = Lp,, = LB, = (0;1].

AOO — o e e @ =+ o o

AZ s e s &——— 6 @ @ =+ o o

Doo o o o
4

BOO e o o

2. Inpexcu cepii rpadiB T j oo, K > 2 HameKaTh NPOMIKKY (2; V5 + 2) (muB. [11]), Tomi
2

NG

3riJIHO 3 TEOPEMOIO MaeMo Y, , O [ 0;

[

T]_,k,OO o——o o« o o o o o

3. Innpexcu rpadiB T o000, T22,00, Hoo Ta Fog 10piBHIOIOTE V/ V5 +2 (muB. [11]), Tomi 3rimHO

2
3 TEOPEMOKO MAEMO LT, o = XTy, 0 = LHe = MFa = <0; —.

V5 +2

ISSN 1027-3190. Ykp. mam. sxcypn., 2014, m. 66, Ne 9



CTPYKTYPA CUCTEM OPTOIIPOEKTOPIB, IIOB’AI3AHMX 31 3JIINEHHUMUI JEPEBAMUN KOKCTEPA 1191

T17oo7oo e o o o« o o
T2,2,oo « o o
5
H.. R
4
Foo o o o

4. Inpexc rpady—31poYKH 3 1 HECKIHUEHHUMH NpoMeHsIMU K1 o .~ JOpiBHIOE

1 2v/n —1
vn—14+ ——— (guB. [9]), Toai 3rigHO 3 TECOPEMOIO MAEMO X =0, —|.
\/m (I[ [ ]) a i\ p Kl,oo,...,oo ( n :|

5. Inpexc rpada U, 11 (cTeninb KoxHOT BepuiuHu JopiBHIOE m + 1) nopisHioe 2v/m (mus. [9]),
1

7|

TOIi 3TiIHO 3 TEOPEMOIO MAEMO Yy, , = <O;
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1192 A. A. KUPMYEHKO, 10. C. CAMOMJIEHKO, JI. M. TUMOILIKEBAY

5. BUCHOBKH. VY cTaTTi ONMUCAHO 300pakeHHs, iX CTPYKTYpYy Ta MHOXKHHY IapaMeTpiB, 3a SIKUX

HEHYJIbOB1 300paXCHHsI ICHYIOTh, JIJI MEBHUX KiaciB anreOp tumy Temmepii—JIida, moB’si3aHuX 3i
3nigeHHuME aepeBamu Kokctepa. OmepikaHi pe3ysbTaTé MOXKYTh OyTH 3aCTOCOBaHI MPH MOAATBIINX
JOCIIDKEHHAX 300paXkeHb aireOp, NOPOIHKEHUX MPOSKTOPAMH, Ta JUIS OMUCY HAOOPIB MiAMPOCTOPIB
TUTBOEPTOBOTO TIPOCTOPY.
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